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$Spl(f)=$ {$p|f(x)mod p$ is completely decomposable},
$p\in Spl(f)$ $r_{1},$ $\ldots,r_{n}(r_{i}\in \mathbb{Z}, 0\leq r_{i}\leq p-1)$




Proposition 1 $f(x)=x+a(a\in \mathbb{Z})$ $p$
$C_{p}(f)=\{\begin{array}{ll}1 if a>0,0 if a\leq 0\end{array}$
Theorem 1 $m$ $f(x)\in \mathbb{Z}[x]$ monic $\mathbb{Q}$
$f(x)=fi(f_{2}(x))$ $\deg f_{2}(x)=2$
$fi_{\backslash }(x),$ $f_{2}(x)\in \mathbb{Q}[x]$
$C_{p}(f)=m(= \frac{1}{2}\deg f(x))$
$p\in Spl(f)$





$Pr(c, f,X)=\prime_{\frac{\#\{p|p\in Spl(f),p\leq X_{\dot{i}}C_{p}(f)=c\}}{\#\{p|p\in Spl(f),p\leq X\}}}$










$\deg f(x)=\deg g(x)\cdot\deg h(x)$ $\deg f(x)$
$\deg f(x)$ $f(x)$
(3) $p$ (i)











(4) Eulerian numbers $A(n, k)(1\leq k\leq n)$
$A(1,1)=1$
$A(n, k)=(n-k+1)A(n-1, k-1)+kA(n-1, k)$
$1\leq k\leq n$ $A(n, k)=0$




$\sigma^{2}(E_{2})$ $=0$ , $\sigma^{2}(E_{n})=n/12$




$\sigma^{2}(E_{2}^{m})$ $=0$ , $\sigma^{2}(E_{r}^{m})$ $=n/12$
for $r\geq 3$
$r=2,3$
$E_{2}^{m}(k)=\{\begin{array}{ll}1 if k=m,0 otherwise,\end{array}$
$E_{3}^{m}(k)=\{\begin{array}{ll}2^{-m}[Matrix] if m\leq k\leq 2m,0 otherwise\end{array}$
$E_{r}^{m}(k)=E_{r}^{m}(rm-k)$ for $\forall_{k\in \mathbb{Z}}$
$E_{r}^{m}(1)\leq E_{r}^{m}(2)\leq\cdots\geq E_{r}^{m}(mr-2)\geq E_{r}^{m}(mr-1)_{\circ}$
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1Conjecture 1 $f(x)\in \mathbb{Z}[x]$ monic $n(\geq 2)$
$c$
$Pr(c, f)= \lim_{xarrow\infty}Pr(c, f, x)$
$E_{n}(c)$ $Pr(f)$ : $c\mapsto Pr(c, f)$
$E_{n}$
Remark 1 $fK2J$ 1.7




$Pr(k, f)=Pr(n-k, f)$ fo$r^{\forall}k$ ,
$Pr(1, f)\leq Pr(2, f)\leq\cdots\geq Pr(n-2, f)\geq Pr(n-1, f)\circ$
1/2 1/12 $[0,1)$
$x_{1},$ $\cdots,$ $x_{n}$ $[0,1)$ $x_{1}+\cdots+x_{n}$
$n/2$ $n/12$




$\alpha=c_{\mathfrak{p}}(0)+c_{\mathfrak{p}}(1)p+\cdots$ $(c_{\mathfrak{p}}(i)\in \mathbb{Z},0\leq c_{\mathfrak{p}}(i)<p)$
$(c_{\mathfrak{p}}(0)/p, c_{\mathfrak{p}}(1)/p, \cdots, c_{\mathfrak{p}}(k)/p)(\in[0,1)^{k+1})$ $p,$ $\mathfrak{p}$
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1. (1) $\sum r_{i}/p=C_{p}(f)-a_{n-1}/p$ $(r_{1}/p, \cdots, r_{n}/p)$ $[0,1)^{n}$
2. $x$. $x$
$1<x\leq\lceil x\rceil$ $x=(x_{1}, \cdots, x_{a})\in \mathbb{R}^{a}$













$h(x)=x^{r}+b_{r-1}x^{r-1}$ $+\cdots$ $(r>1)$ ,
$a_{m-1}=mb_{r-1}$
$p\in Spl(f)$ :
$\{r_{i}|f(r_{i})\equiv 0mod p\}=\bigcup_{i=1}^{m}\{r_{i,1}, \cdots,r_{i,r}\}$ ,
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$r_{i,j}$
$h(r_{i_{2}j})\equiv$ $s_{i}mod p$ $(1\leq\forall j\leq r),$ $g(s_{i})\equiv 0mod p$
$C_{p}(f)= \sum_{i=1}^{m}C_{p}(h(x)-s_{i})$
Proposition 2 $\{r_{i1,\}}, \cdot \cdot, r_{i,r}\}$ $r-1$
$C_{p}(h(x)-s_{i})=\lceil(r_{i,1}+\cdots+r_{i_{2}r-1})/p\rceil$
$p$
$S_{m,r}(k)= \{(x_{1}, \cdots, x_{m})|x_{i}\in[0,1)^{(r-1)}, \sum_{i=1}^{m}\lceil x_{i}\rceil=k\}$
$vol(S_{m_{2}r}(k))=E_{r}^{m}(k)$
$(r_{1}(\mu, \sigma_{1}), \cdots, r_{m}(\mu,\sigma_{m}))\in[0,1)^{m(r-1)}$ (3)
( $r_{k}(\mu, \sigma_{k})=$ ( $r_{\mu(k))\sigma_{k}(1)/p,\cdots,r_{\mu(k),\sigma_{k}(r-1)/p)}}$ ) $\mu$













$f=x^{3\cdot 5}+2,$ $x^{3\cdot 7}+2,$ $x^{5\cdot 7}+2,$ $x^{3\cdot 5\cdot 7}+2$
3, 3, 5, 3 $r$ $m=n/r(n=$
$\deg f)g(x)=x^{m}+2,$ $h(x)=x^{r}$ $Pr=E_{r}^{m}$
(3) $z$ $\mathbb{Z}/p\mathbb{Z}$ 1 $n$ $a$
$f(x)\equiv 0mod p$ $az^{k}$ 4. $\{r_{ij}|1\leq$
$j\leq r\}$ $r_{ij}=az^{(i-1)+m(j-1)}(i=1, \cdots, m,j=1, \cdots, r)$
$(m, r)=1$ $az^{r(i-1)}(i=1, \cdots, m)$ $r$
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